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Abstract. This work presents the Vehicle Routing with Time Windows and 
Loading Problem (VRTWLP) as a multi-objective optimization problem, im-
plemented within a Genetic Algorithm. Specifically, the three dimensions of the 
problem to be optimized – the number of vehicles, the total travel distance and 
volume utilization – are considered to be separated dimensions of a multi-
objective space. The quality of the solution obtained using this approach is eva-
luated and compared with results of other heuristic approaches previously de-
veloped by the author. The most significant contribution of this work is our in-
terpretation of VRTWLP as a Multi-objective Optimization Problem.  

Keywords: Vehicle Routing Problem with Time Windows, Container Loading 
Problem, Multi-objective Optimization Problem. 

1 Introduction 

Managing the distribution of goods is a vital operation for many companies which 
realize that distribution has a major economic impact. However, clients’ satisfaction 
depends mainly on meeting their demand as effectively as possible. This is commonly 
described as providing a service to a client. Usually a service is a combination of 
different distribution characteristics, for example: product availability, delivery time, 
delivery programming and good conditions after delivery. One of the most important 
areas in serving clients is said to be the transportation of goods. With an adequate 
transportation, items arrive on time, undamaged and in the desired quantities. Indeed, 
those are the three main client’s demands to be achieved and for that, the integration 
of route planning and vehicle packing is essential. 

When solving a Vehicle Routing Problem with Time Windows (VRPTW), the so-
lutions ensure that items arrive to the client within the time window. To ensure they 
do not suffer any damage during transportation, a stable load is necessary which is 
achieved by solving the Container Loading Problem (CLP). To ensure that all the 
items of each demand are delivered to a client, one must solve the VRPTW and CLP 
in an integrated way. Indeed, the classical model of vehicle routing ensures that total 
client demand, assigned to one vehicle, does not exceed the vehicle capacity restric-
tions in terms of weight (or other scalar measure). However it is not certain that the 
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cargo can be physically loaded and arranged inside the vehicle/container. So, a cargo, 
which in terms of weight can be packed in a vehicle, can exceed its volume capacity, 
or vice versa. To deal with this drawback we propose the resolution of the VRTWLP 
as a Multi-objective Optimization Problem. 

Ideally the client items are packed in the vehicle considering a LIFO (Last-in-First-
Out) strategy. Some authors ([10], [25]) present a variation of the travelling salesman 
problem with pickup and delivery in which the loading and unloading operations are 
executed in a LIFO order. [10] presents three local search operators embedded within 
a variable neighbourhood search metaheuristic. [25] introduces the double travelling 
salesman problem with multiple stacks and presents three metaheuristic approaches 
where repacking is not allowed. The items are packed in several rows inside the con-
tainer and each row is considered a LIFO stack. 

The container loading problem is a three-dimensional problem that establishes ar-
rangements of items in a container. Usually, the CLP aims to maximize loading effi-
ciency – that is, the container space usage. For instance, [16], [5], [6], [7], [14], [3] 
and [21] deal with the container loading problem considering specifically the efficien-
cy of the loading arrangements. 

The other problem discussed in this paper is the VRPTW. In the VRPTW, clients 
have to be served within a period of time [27]. In literature there are four goals that 
are usually considered: (i) minimize the number of vehicles; (ii) minimize the total 
travel distance; (ii) minimize the total time; and (iii) minimize the vehicles total wait-
ing time at clients. Some approaches use one of these goals and others combine two 
(or more) of them. [1], [8], [9], [11], [13] and [22] are some examples of recently 
published work where original algorithms for the VRPTW are presented. 

Very few papers approach the vehicle routing problem and the two-dimensional 
bin packing problem integration, all very recent. [18] presents a special case of the 
symmetric capacitated vehicle routing problem and proposes an exact approach based 
on branching algorithms. [15] presents a taboo search heuristic to solve the routing 
problem with three-dimensional loading constraints. [19] presents a framework to 
integrate the VRPTW and CLP using two different solution methods. The first one 
treats the problem in a sequential approach while the second uses a hierarchical ap-
proach applying a GRASP algorithm. 

In the next sections of this paper, the VRTWLP as a multi-objective optimization 
problem implemented with Genetic Algorithm (GA) is proposed. [23] applied a hybr-
id search based on GA and Tabu Search to soft VRPTW where the multi-objective 
VRPTW is dealt like a single-objective optimization. In a more recent work [24], the 
same authors present a multi-objective genetic approach to VRPTW in which the two 
objective dimensions are the number of vehicles and the total distance. 

In section 2 a VRTWLP specification and an overview of multi-objective optimi-
zation search is provided. A Multi-objective Genetic Algorithm and some experimen-
tal details are presented in section 3. Section 4 reports the results and makes compari-
sons with related works while section 5 concludes the paper with a general discussion. 
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2 Description of the Vehicle Routing with Time Windows and 
Loading Problem 

Capacity constraints of vehicles in the vehicle routing problem are often improperly 
used when real-world applications are considered. The capacity constraints are not 
only related to admissible weight but also to the vehicle’s volume dimensions. The 
routes designed for a given vehicle capacity, in terms of weight limits, can lose their 
admissibility due to incompatibility of cargo dimensions, and vice versa. To address 
loading issues in more detail in routing problems, a more complex model is required. 
Loading constraints may seriously affect the nature of the problem. The integration of 
routing and loading problem calls for tailored resolution procedures. This integration 
results in the VRTWLP – The Vehicle Routing with Time Windows and Loading 
Problem. 

Let us consider, for this problem a set of clients defined by their geographical 
coordinates and a fleet of homogeneous vehicles. There is only one depot from where 
the vehicles start to visit the clients and return at the end of the delivery. Each client 
has a demand to be satisfied by a single vehicle and a time window that must be res-
pected. All the clients’ demand must be satisfied even if another vehicle has to be 
used. Preferably the vehicle loading order is the inverse of the clients visit order 
(LIFO strategy) and the demand of each client should be packed together inside the 
vehicle in order to increase the efficiency of the unloading operations. Vehicle capaci-
ty, defined in terms of weight and width, height and length of the loading volume 
must not be exceeded. A demand is composed by a set of different box types. This 
means that for each box type one two or three dimensions are allowed to face up-
wards. If only one dimension is admissible as height then we have the “This Side Up” 
constraint. Each client is defined by geographical coordinates, time window, demand 
(type of boxes and related quantities per type), total weight of demand and service 
time. 

The interdependency between the VRPTW and the CLP is greater when the num-
ber of clients visited by each vehicle is small. This means that each client’s demand 
takes an important portion of the container. Therefore, the decision to include or ex-
clude a client in a route has a major impact on the CLP, and may cause the route to 
become unfeasible. On the other hand, a solution which provides good volume utiliza-
tion may lead to long and unfeasible routes. When we have many clients per vehicle, 
the routing aspects dominate the loading aspects, as the choice of clients to visit influ-
ences the routes much more than the loading efficiency. Conversely, when one client 
completely fills a vehicle, the only problem is how to load the cargo and the CLP 
dominates the VRPTW (that may end up just in one client per container). It is when 
we have a relatively small number of clients per vehicle, and a weakly heterogeneous 
cargo, the integrated resolution of the two problems becomes rather important for the 
final solution quality. The relevance of the integrated resolution of the VRPTW and 
CLP problems is also dependent on the density of the goods to transport. If the goods 
are very heavy and of small size, the usual weight constraint will be the active con-
straint and there is no need to consider the CLP. Considering these assumptions, we 
consider the following constraints and goals to the problem: 
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1. Clients and depot time windows. All clients must be visited within a certain 
period of time and the vehicle has a maximum travel time (time to visit all 
clients and return to the depot).  

2. Homogeneous fleet. Identical vehicle capacity in terms of weight, volume and 
dimensions (length, width and height). The vehicle’s capacity must always be 
respected. 

3. Cargo’s orientation. The client’s demand consists of parallelepiped boxes that 
may have to satisfy orientation constraints: for example, the “This side up” 
sign. 

4. Client’s demands are heterogeneous and the total demand of each client in 
terms of volume and weight does not fill a vehicle. Every demand must be 
satisfied by a single vehicle. 

5. The density of the cargo1 is such that the maximum weight of the container is 
not a constraint for the problem. 

6. Cargo positioning inside the vehicle. Each client’s demand should be packed 
together in order to make unloading easier, even though this is not strictly 
necessary to ensure compatibility between the routes and the loading pattern. A 
LIFO policy will be used so that when a client is visited, it must be possible to 
unload all items of his demand without unloading boxes of other clients (see 
[15]). The loading order is the reverse order of the client’s visits order. 

7. Cargo stability. To ensure that the load cannot move significantly during 
transport, the cargo must be packed in such a way that it remains stable. Also 
an unstable load can have important safety implications for loading and unloa-
ding operations. From a stability point of view, two different measurements are 
considered. The first one is the full support of each item from below. This mea-
surement does not indicate the potential for lateral movement of a box, though. 
The second measurement is the average percentage of boxes not surrounded by 
at least three sides ([4] and [21]). 

The VRTWLP goals, as for the VRPTW, are to minimize the number of vehicles 
and the total travel distance. From the CLP point of view, the objective function is to 
maximize the container’s volume utilization. Considering multiple vehicles for the 
CLP, this objective function can be seen as packing all the available cargo in the ve-
hicles. Thus, the minimization of the number of needed vehicles is also implicit. So, 
in short, the VRTWLP’s basic idea is trying to serve the greatest possible number of 
clients with each vehicle and pack their demand in a feasible way while considering 
also the minimization of the travel distance for each route. 

2.1 Multi-objective optimization 

This work studies the VRTWLP as a multi-objective optimization problem (MOP). A 
MOP is a problem in which two or more objectives contribute to the final result. The 
three dimensions of the VRTWLP to be optimized are: number of vehicles, total tra-
                                                           
1  Density of a cargo is a measure of mass per unit volume. For example, an object made from 

a comparatively dense material (such as iron) will have more mass than an equal-sized 
object made from some less dense substance (such as aluminum). 
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velled distance and vehicles volume utilization are considered to be separated dimen-
sions of a multi-objective space. As with all MOP’s, an immediate advantage is that it 
is not necessary to use a weighted coefficient for each objective function’s compo-
nent. We do not specify that either the number of vehicles, the travel distance or the 
vehicles volume utilization take priority. Using the Pareto ranking procedure, each of 
these problem characteristics is kept separate and there is no attempt to unify them. 

The instances of the VRTWLP may have more than one locally optimal solution 
(multimodal solutions) where some solutions may minimize the number of vehicles 
and by inherence the vehicles wasted volume at the expense of distance. On the other 
hand, other solutions minimize the distance while necessarily increasing the vehicles 
number and the wasted space. Looking to this problem as a MOP the objective com-
ponents that are mutually exclusive (number of vehicles and wasted volume utiliza-
tion), contribute to the overall result and these objective components affect one anoth-
er in nonlinear ways. The challenge is to find a set of values for them and an underly-
ing solution which yield an optimization of the overall problem. 

Genetic algorithms are suitable search engines for multi-objective problems be-
cause of their population-based approach. A multi-objective evolutionary algorithm 
(MOEA) is capable of supporting diverse, simultaneous, solutions in the search envi-
ronment. Considering the success of applying MOEA in finding good solutions to 
problems and knowing that the GA are suitable search engines for multi-objective 
problems primarily because of their population-based approach, a Multi-objective 
Genetic Algorithm (MOGA) is presented in section 3 in order to solve the VRTWLP. 

2.2 Multi-objective ranking 

In order to evaluate generated VRTWLP solutions they are represented with a vector 
describing its performance across the set of criteria. This vector must be transformed 
into a scalar value for the purposes of the GA. This process is achieved by ranking the 
population of solutions relative to each other, and then assigning fitness based on 
rank. Individual solutions are compared in terms of Pareto dominance.The MOGA 
developed in this work uses Pareto-ranking (often used in MOGA, like in [24]) as a 
means of comparing solutions across the multiple objectives. The Pareto-optimal set 
or non-dominated set [12] consists of all those vectors for which components cannot 
be simultaneously improved without having a detrimental effect on at least one of the 
remaining components. 

The Pareto ranking scheme is easily incorporated into the fitness evaluation 
process within a GA, by replacing the raw fitness scores with Pareto ranks. Each of 
the problem objectives is kept separated and there is no attempt to unify them. These 
ranks stratify the population into preference categories and the lower ranks are prefer-
able. The individuals on each rank set represent solutions that are incomparable with 
one another. The Pareto ranking only differentiates individuals that are superior to 
others in at least one dimension and not inferior in all other dimensions. 
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3 Multi-Objective Genetic Algorithm for VRTWLP 

A GA is a programming technique that imitates biological evolution as a problem-
solving strategy. Given a specific problem to solve, the input to the GA is a set of 
potential solutions to that problem, encoded in some fashion (chromosomes). Then, a 
fitness function is defined in order to allow each candidate to be quantitatively eva-
luated. The algorithm then applies genetic operators such as mutation and crossover to 
“evolve” the solutions in order to find the best one(s). The promising candidates are 
kept and allowed to reproduce. These offspring then go on to the next generation, 
forming a new pool of candidate solutions, and are subjected to a second round of 
fitness evaluation. Those candidate solutions which were not improved by the 
changes are not considered for the final solution. 

In this section some details of the VRTWLP solutions representation, fitness eval-
uation, Pareto strategy and other GA features used are described. 

3.1 Initial population 

In order to generate the initial population for the GA, an approach developed for 
VRTWLP and presented in [20] is used. In this approach, for each vehicle, a route 
and the container loading are planned until no more clients and demands to deliver 
exist.  

For the GA, the initial population is composed by a number of individuals (i.e. so-
lutions), each being generated by performing a constructive algorithm. A brief de-
scription follows. 

The problem data is represented as a list named Sequential Candidate List (SCL). 
A candidate in a SCL is composed by a client and a single box type of his demand. 
The number of candidates (n - size of the SCL) is the total number of combinations of 
clients and box types (Fig. 1). For each solution generation, the candidates are ran-
domly placed in the SCL. 

Candidate 1: Client 1; Box Type 1
Candidate 2: Client 1; Box Type 3
Candidate 3: Client 2; Box Type 2
Candidate 4: Client 2; Box Type 5

Candidate n: Client 25; Box Type 2  
Fig. 1. Sequential Candidate List. 

In a solution the demand of a client could be physically separated (grouped by box 
types) in one vehicle or in more than one vehicle. In this case, two of the presented 
problem constraints (Section 2) could be relaxed. The first one is related to the car-
go’s position in the vehicle (constraint 6) and the second specifies that every client 
must be visited only by one vehicle (constraint 4). To build a solution a constructive 
algorithm is applied to the SCL. The first candidate of SCL is chosen and the related 
client is inserted in a route and the box type is loaded in a free space of the vehicle. If 
all the restrictions of VRTWLP are satisfied, the solution is accepted and the algo-
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rithm selects the next candidate of the SCL. If one of the problem restrictions is vi-
olated the chosen candidate is removed from the solution and inserted at the end of 
the SCL. When a vehicle is full or the depot time windows exceeded another vehicle 
must be used. The algorithm stops when the SCL is empty. 

As mentioned before, a solution could have one client served by more than one ve-
hicle. For example, client 2 (Fig. 1) could be placed in 3rd, 4th and (n-2)th position in 
the SCL (could correspond to candidate 3, 4 and n-2) if his demand is composed by 
three different box types. Candidates 3 and 4 could be assigned to vehicle k and can-
didate n-2 to a different one. So, in this example, the same client is visited by two 
different vehicles. 

For this same reason, in this approach it is allowed that each client’s demand might 
be spread in the vehicle. When this happens a client could have its demand not direct-
ly accessible and in this case one of the two following alternatives must be chosen: 

1. the cargo that blocks the access to those boxes must be unloaded and reloaded 
at the client’s location so that the complete demand is unloaded; 

2. or, the client could be later revisited by the same vehicle. 
The choice between these two alternatives is made by evaluating them in terms of 

total route time. If the first alternative is chosen the route must be rebuilt because the 
vehicle does not need to revisit the client that has the demand split up and an addi-
tional time for unloading and reloading the blocking cargo is considered. In each case 
the algorithm computes a cost and the alternative with smaller cost is chosen. 

Each time a client is inserted in a route, the boxes of his demand are loaded in the 
vehicle using a 3D packing algorithm. The constructive algorithm of the approach 
described in [21] was followed. It is an improvement of the George and Robinson 
heuristic [16] for solving the Container Loading Problem. This wall-building con-
structive heuristic packs boxes in a container ensuring cargo stability. All boxes are 
fully supported and all the columns of boxes have at least three sides supported. For 
each type of box the free space in the container is filled with the best possible ar-
rangement. The arrangements are found by simulating all choices of possible orienta-
tions of the box types, and by computing the corresponding volume utilization. Then 
the best arrangement is chosen and packed in the vehicle’s free space. 

3.2 Chromosome representation 

Each potentially non-dominated solution (Section 3.3) must be encoded and thus 
originate a chromosome, in order to apply the GA. The structure of each chromosome 
(set of genes) is a string of equal length to the SCL that originated the potentially non-
dominated solution. A single chromosome comprises all the information of one com-
plete solution to the VRTWLP. A gene of a given chromosome is a candidate (of the 
SCL) and the sequence of the genes in the chromosome defines the visiting order of 
each vehicle. An example of a chromosome that represents a potentially non-
dominated solution is as follows (Fig. 2): 
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Fig. 2. Chromosome representation. 

In order to select the potentially non-dominated solution to be encoded, the chro-
mosome fitness function is evaluated using a Pareto ranking procedure. The Pareto 
ranking is incorporated into a GA by replacing the chromosome fitness with Pareto 
ranks. This procedure and the selection phase are described in the next section. 

3.3 Selection phase and Pareto ranking procedure 

According to VRTWLP objective function, the three dimensions of the problem: 
number of vehicles, travel distance and volume waste, must be minimized. When the 
number of vehicles is minimized the volume waste is also minimized and this affects 
vehicles and labour costs. Minimizing the travel distance affects the time of each 
route and the fuel resources. The two objectives components mutually dependent, 
number of vehicles and distance travelled, are used to evaluate the solutions. Each 
candidate of the initial population is associated to a vector ( , )v n d= , where n is the 
number of vehicles and d the total distance. These two dimensions are used by the 
Pareto ranking procedure (Fig. 3).  
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Fig. 3. Pareto Ranking Procedure. 

The Pareto ranking procedure is applied to the vectors of the population and a set 
of solutions is ranked according to the following procedure. A list of potential non-
dominated solutions is built. The size of this list is computed according to the follow-
ing criteria (Equation 1): 

MaxVS=Max-α*(Max-Min) (1) 
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Where: 
• MaxVS is the maximum admitted size of the solution vector (computed as the 

size of the vectors in Figure 3). 
• Max is the maximum vector of Pareto front 
• Min is the minimum vector of Pareto front 
• α is a parameter that defines the MaxVS value. 
The list of potentially non-dominated solutions (LS) is composed by all solutions 

with vector size smaller or equal to MaxVS. 
The two potentially non-dominated solutions to the crossover procedure are ran-

domly selected from LS. The size of this list is important for the reproduction because 
the main idea is to select the best individuals of the population in order to guarantee 
that the best solution (produced by the best chromosome) can never deteriorate from 
one generation to the next. The value of α is crucial to accomplish this, because if α is 
equal to 0 all the potentially non-dominated solutions belong to the list. Making a 
random choice, a bad solution could be selected for reproduction. When α is equal to 
1 only the two best potentially non-dominated solutions belong to the list. However, 
the best results are achieved when α is equal to 0.8. 

3.4 Recombination phase and Mutation operator 

As the VRTWLP constraints must be always satisfied, the crossover operator must 
not result in an unfeasible solution. In the recombination phase an approximation of 
the Best Cost Route Crossover (BCRC) is used. [23] and [24] applied the BCRC to 
Vehicle Routing Problem with Time Windows and [18] also applied the BCRC to the 
Dynamic Vehicle Routing Problem. The BCRC aims at minimizing the number of 
vehicles and distance simultaneously while checking feasibility constraints. In the 
next example (Fig. 4) the dynamic of BCRC is explained. 

 
Fig. 4. Best Cost Route Crossover Operator. 

In Fig. 4 the generation of two offspring using an approximation of best cost route 
crossover operator is presented. From the LS the algorithm two parents are randomly 
chosen. The two encoded parents correspond to a sequence of genes (candidates). 
This sequence defines a solution that is the order by each candidate was inserted in 
the solution and the order by each vehicle visits the clients. So, each parent corres-
ponds to a SCL (Section 3.2) that originates this particular solution. From this solu-
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tion two contiguous genes are randomly selected and removed from the other parent. 
The two removed candidates are inserted in the end of the encoded sequence creating 
a new SCL. With this two new SCL the VRTWLP constructive algorithm is applied 
and two new offspring are generated. The feasibility of the offspring is always guar-
anteed by the inherent characteristics of the constructive algorithm. 

The mutation procedure aids a genetic algorithm to achieve any point of the search 
space. Nevertheless, mutation could destruct very good solutions and in this particular 
problem the existence of time windows and loading constraints could easily lead to an 
unfeasible solution. Only a few offspring are chosen for mutation with a probability 
of ten percent. The mutation is a small change of the chromosome (Fig. 5). 

 
Fig. 5. Mutation operator. 

If an offspring is selected to the mutation procedure, two random candidates of the 
SCL that originates the solution are selected and swapped. Then with the new SCL 
the VRTWLP constructive algorithm is applied. When the algorithm tries to insert the 
swapped candidates in a route and the client demand in the vehicle, if any restriction 
is violated the solution becomes unfeasible and the new offspring is not considered. 

4 Test Problems and Computational Results 

This approach was tested using some problem instances early developed by the author 
in [20] and available on the ESICUP web site (http://paginas.fe.up.pt/~esicup/tiki-
index.php). These problems combine the standard test problems characteristics avail-
able in the literature for the VRPTW and CLP. The VRPTW test problems used are 
the R1 and R2 (with 25 clients) from [27] and the BR2 from [4] for the CLP test prob-
lems. Two problem classes were tested: I1 (R1 and BR2) and I2 (R2 and BR2). Each 
problem class has two different groups: 

• Group I – Clients’ demand varies from 30 to 80 boxes, with 1 to 5 box types per 
client and an average of 42 boxes per demand. The total number of boxes is 
1050; 

• Group II – Clients’ demand varies from 50 to 100 boxes, with 1 to 5 box types 
per client and an average of 62 boxes per demand. The total number of boxes is 
1550. 

In total, there are forty six test problem instances covering the four combinations of 
classes and groups (around 12 instances per combination). The next tables present the 
results achieved by the MOGA approach and the best results achieved with other 
approaches developed by the author to solve VRTWLP and published in [20]. The 
first one uses a GRASP approach while the second one uses a hierarchical approach. 
The hierarchical approach first builds the routes and then loads the demands inside the 
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vehicles, this means, the VRPTW dominates the CLP. In the constructive phase the 
two different approaches uses five different ranking schemes. To evaluate the solu-
tions those approaches use a weighted coefficient for each objective function’s com-
ponent and the sum of these three coefficients is equal to 1. The actual values of these 
weights will depend on the practical application under consideration and on the im-
portance given by the decision-maker to each component. The best results of these 
two approaches are achieved with the time windows ranking - clients whose time win-
dow is smaller and starts earlier are inserted first [20]. For this reason, such are the re-
sults that we compare with those obtained using the MOGA approach. 

The MOGA algorithm stops when after ten consecutives runs with no better solu-
tion (offspring) is found. In each run, in order to built the initial population the con-
structive algorithm is performed 100 times and each time with a different SCL. Be-
cause of the problem characteristics the LS is usually relatively small (around four 
potentially non-dominated solutions). Depending on the size of the LS, the following 
procedure is repeated (number of repetitions is equal to half of the LS size plus one): 
selection of parents, crossover (with a rate of 0,90), mutation (with a rate of 0,10) and 
offspring evaluation.  

The running time for the Integrated GRASP Heuristic and the Hierarchical Ap-
proach is less than one minute. For the MOP Genetic Algorithm the running time is, 
on average, four minutes. Times were obtained using a Centrino Core2Duo 
T7100@1.80 GHz. 

Tab. 1 and Tab. 2 present the results of problem instances of Class I1. Those prob-
lems have a short planning horizon. The depot has a small time window, which im-
plies many vehicles per problem and routes with a small number of clients. 

Tab. 1. Group I Class I1 problem instances. 

GI/I1 Integrated GRASP Heuristic Hierarchical Approach MOGA 

Vehicle / Distance Vehicle / Distance Vehicle / Distance 
Instance Time windows ordering Time windows ordering  

1 10 / 1711.34 9 / 762.59 12/1817.87 
2 9 / 1617.70 11 / 944.44 11/986.35 
3 6 / 1250.86 8 / 754.27 7/1332.38 
4 6 / 1212.51 6 / 804.14 6/1094.40 
5 9 / 1562.02 10 / 815.36 11/1750.46 
6 7 / 1273.26 7 / 757.08 5/1040.47 
7 6 / 1227.40 7 / 901.80 6/1215.17 
8 6 / 1158.76 6 / 785.95 6/1277.07 
9 7 / 1270.07 7 / 820.17 10/1008.82 
10 6 / 1098.71 7 / 753.01 7/1211.96 
11 7 / 1198.02 7 / 851.45 8/1559.14 
12 6 / 1070.44 6 / 803.62 6/803.62 
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Tab. 2. Group II Class I1 problem instances. 

GII/I1 Integrated GRASP Heuristic Hierarchical Approach MOGA 

Vehicle / Distance Vehicle / Distance Vehicle / Distance 
Instance Time windows ordering Time windows ordering  

1 13 / 2089.69 9 / 823.04 13/2089.69 
2 9 / 1622.59 11 / 927.17 9/1622.59 
3 8 / 1380.53 10 / 970.26 8/1287.10 
4 8 / 1405.80 8 / 844.66 7/1201.75 
5 10 / 1675.86 12 / 864.48 10/1860.28 
6 8 / 1476.54 14 / 1109.74 8/2006.00 
7 8 / 1381.41 9 / 944.26 9/913.83 
8 7 / 1303.89 9 / 103537 8/1431.84 
9 8 / 1359.87 15 / 1202.91 11/1711.96 
10 8 / 1298.79 8 / 673.16 8/1135.79 
11 8 / 1502.61 10 / 1023.30 7/1431.58 
12 8 / 1377.93 8 / 844.40 8/1298.77 

Tab. 3 and Tab. 4 include the results of Class I2 problem instances. These in-
stances have a long planning horizon. The depot has a large time window, which 
implies few vehicles per problem and routes with a big number of clients. 

Tab. 3. Group I Class I2 problem instances 

GI/I2 Integrated GRASP Heuristic Hierarchical Approach MOGA 

Vehicle / Distance Vehicle / Distance Vehicle / Distance 
Instance Time windows ordering Time windows ordering  

1 5 / 2668.55 14 / 1105.19 5/2660.50 
2 5 / 2555.26 12 / 987.27 5/2699.64 
3 5 / 2526.11 11 / 1038.27 5/2645.46 
4 5 / 1953.67 10 / 1091.51 5/2071.06 
5 5 / 2647.03 17 / 1129.44 5/2745.34 
6 5 / 2394.25 14 / 1128.91 5/3211.54 
7 5 / 2187.27 11 / 997.21 5/2604.00 
8 5 / 1804.70 9 / 903.80 5/1962.85 
9 5 / 2351.13 13 / 1073.35 5/3102.49 
10 5 / 3063.39 13 / 1058.32 5/3033.20 
11 5 / 2076.89 13 / 1005.83 5/1573.34 

One advantage of interpreting the VRTWLP as a MOP using Pareto ranking as op-
posed to using weighted sum is that we have two or more solutions provided to the 
decision maker. In every instance of the four different problems, the MOGA never 
achieves a solution which is better both in vehicle number and total distance. For 
example, in Tab. 2, instance 7, the Integrated GRASP approach is better than the 
MOGA in vehicle number, but the total distance achieved by MOGA outperforms the 
total distance achieved with the other two approaches. Nevertheless some results ob-
tained with the MOGA could be considered good results because the difference in the 
number of vehicles is considerable, for example Tab. 1 instance 6. 
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Tab. 4. Group II Class I2 problem instances. 

GII/I2 Integrated GRASP Heuristic Hierarchical Approach MOGA 

Vehicle / Distance Vehicle / Distance Vehicle / Distance 
Instance Time windows ordering Time windows ordering  

1 7 / 3740.55 17 / 1168.68 7/3816.58 
2 7 / 3496.39 15 / 1069.66 8/4001.70 
3 7 / 3134.62 10 / 923.09 7/3409.78 
4 6 / 3814.29 12 / 1051.02 7/3442.50 
5 7 / 3180.35 19 / 1204.52 7/3405.67 
6 7 / 3115.18 16 / 1133.04 7/3615.44 
7 7 / 2740.03 14 / 1070.33 7/3368.93 
8 7 / 2330.75 11 / 953.54 7/2078.06 
9 7 / 3076.78 18 / 1189.13 8/3687.12 
10 7 / 4081.19 16 / 1108.39 7/4076.12 
11 6 / 2631.39 15 / 1055.11 7/2662.07 

5 Conclusions 

This work presents a Multi-objective Genetic Algorithm approach to the Vehicle 
Routing with Time Windows and Loading Problem. This problem is an integration of 
the two well known problems VRPTW and CLP. The solutions obtained with the 
MOGA are competitive when compared with the other two approaches developed to 
this problem. However, the constructive algorithm used to generate the initial popula-
tion is based on an already published algorithm developed by the author and named 
Integrated GRASP Heuristic, where the two problems (VRPTW and CLP) are dealt at 
the same level. Due to this fact, the total distances achieved with MOGA approach are 
very similar to the distances achieved with the Integrated GRASP Heuristic. In the 
Hierarchical approach, the VRPTW is the main problem and the CLP is the subsidiary 
problem. For this reason the Hierarchical approach has always presented much better 
results for total distances. 

With MOGA approach, in some instances a reduction of the number of vehicles 
was achieved. Comparing the total distance achieved by the MOGA approach with 
the Integrated GRASP heuristic in some instances, the solution was improved. How-
ever, with the Hierarchical approach the difference in the number of vehicles is signi-
ficant. 

The choice of the preferable solution must be made by the decision-maker because 
with these three approaches we have a range of possible feasible solutions. Thus, it is 
not adequate to state that one particular algorithm provides better results than one 
other, or even claim one solution outperforms the others. 

Admitting that there is no advantage in giving priority to a given objective function 
component, because from a theoretical point of view neither is more important than 
the other, we can conclude that the most significant contribution of this paper is the 
interpretation of VRTWLP as a MOP. 



14 A. Moura 

References 
1. Bent, R., and Van Hentenryck, P.: A two-stage hybrid local search for the vehicle routing 

problem with time windows. Transportation Science (2004) 38(4): 515-530. 
2. Berger, J., Barkaoui, M., and Bräysy, O.: A route-directed hybrid genetic approach for the 

vehicle routing problem with time windows. Information Systems and Operations Research 
(2003) 41: 179-194. 

3. Bischoff, E. E.: Three-dimensional packing of items with limited load bearing strength. 
European Journal of Operational Research (2006) 168 (3): 952-966. 

4. Bischoff, E. E. and Ratcliff, M. S. W.: Issues in the development of approaches to container 
loading. Omega, International Journal of Management Science (1995) 23: 377-390. 

5. Bortfeldt, A. and Gehring, H.: A tabu search algorithm for weakly heterogeneous container 
loading problems. OR Spektrum (1998) 20: 237-250. 

6. Bortfeldt, A. and Gehring, H.: A hybrid genetic algorithm for the container loading 
problem. European Journal of Operational Research (2001) 131: 143-161. 

7. Bortfeldt, A. Gehring, H. and Mack, D.: A parallel tabu search algorithm for solving the 
container loading problem. Working Paper, Diskussionsbeitrage des Fachbereichs 
Wirtschaftswissenschaft der FerUniversitat Hagen, 2002. 

8. Bräysy, O.: A reactive variable neighborhood search algorithm for the vehicle routing 
problem with time windows. Informs Journal on Computing (2003) 15 nº4: 347-368. 

9. Bräysy, O., G. Hasle and W. Dullaert: A multi-start local search algorithm for the vehicle 
routing problem with time windows. European Journal of Operational Research (2004) 
159(3): 586-605. 

10. Carrabs, F., Cordeau, J.F., Laporte, G.: Variable Neigborhood Search for the Pickup and 
Delivery Travelling Salesman Problem with LIFO Loading. INFORMS Journal of 
computing, (2007, to appear). 

11. Czech, Z. J. and Czarnas, P.: A parallel simulated annealing for the vehicle routing problem 
with time windows. Proc. 10th Euromicro Workshop on Parallel Distributed and Network-
based Processing (2002) 376-383. 

12. C. M. Fonseca & P. J. Fleming, An Overview of Evolutionary Algorithms in Multiobjective 
Optimisation, Evolutionary Computing, 3(1):1-16, 1995. 

13. Gehring, H. and Homberger, J.: Parallelization of a two phase metaheuristic for routing 
problems with time windows. Asia-Pacific Journal of Operational Research (2001) 18: 
35-47. 

14. Gehring, H. and Bortfeldt, A.: A parallel genetic algorithm for solving the container 
loading problem. International Transactions in Operational Research (2002) 9: 497-511. 

15. Gendreau, M., Iori, M., Laporte, G., Martello, S.:A tabu search algorithm for a routing and 
container loading problem. Transportation Science (2006) 9 nº3: 342-350. 

16. George, J. A. and Robinson, D. F.: A heuristic for packing boxes into a container. 
Computers and Operations Research (1980) 7: 147-156. 

17. Goldberg, D.E.: Genetic Algorithms in Search, Optimization and Machine Learning. 
Addison Wesley (1989). 

18. Hansha, F.T. and Ombuki-Berman, B.M.: Dynamic Vehicle Routing using Genetic 
Algorithms. Applied Intelligence (2007) 27-Nº1: 89-99. 

19. Iori, M. I., Salazar Gonzalez, J.J., Vigo, D.: An exact approach for the vehicle routing 
problem with two dimensional loading constraints. Transportation Science 41 (2): 253-264 
(2007). 

20. Moura, A. and Oliveira, J.F.: An integrated approach to the Vehicle Routing and Container 
Loading Problem. Working Paper Nº2/2007, http://www.inescc.pt/pubinter.php 

21. Moura, A. and Oliveira, J. F.: A GRASP approach to the Container Loading Problem. IEEE 
Intelligent Systems - Special issue on Metaheuristic Methods in Transportation and 
Logistics July/August (2005), 20-Nº4: 50-57. 



 Multi-Objective Genetic Algorithm for VRTWLP 15 

22. Moura, A. and Oliveira, J. F.: Uma heurística composta para a determinação de rotas para 
veículos em problemas com janelas temporais e entregas e recolhas. Investigação 
Operacional (2004) 24-Nº1: 45-62. 

23. Ombuki, B., Nakamura, M. and Meada, O.: A Hybrid Search based on Genetic Algorithms 
and Tabu Search for Vehicle Routing. 6th IASTED Intl. Conf. on Artificial Intelligent and 
Soft Computing (ASC 2002), pp. 176-181. Banff, AB, ed. H Leung, ACTA Press, July 
2002.  

24. Ombuki, B., Ross, B.J. and Hanshar, F.: Multi-objective Genetic Algorithms for the 
Vehicle Routing Problem with Time Windows. Technical Report #CS-04-02, Brock 
University (2004). 

25. Petersen, H.L.: Heuristic Solution Approaches to the Double TSP with Multiple Stacks. 
Technical report, Technical University of Denmark (2006). 

26. Toth, P. and Vigo, D.: The Vehicle Routing Problem. Society for Industrial and Applied 
Mathematics, ISBN 0-89871-579-2 (2002). 

27. Solomon, M. M.: Algorithms for the vehicle routing and scheduling problem with time 
windows constraints", Operations Research (1987) 35: 254-265. 



<<
  /ASCII85EncodePages false
  /AllowTransparency false
  /AutoPositionEPSFiles true
  /AutoRotatePages /All
  /Binding /Left
  /CalGrayProfile (Gray Gamma 2.2)
  /CalRGBProfile (sRGB IEC61966-2.1)
  /CalCMYKProfile (U.S. Web Coated \050SWOP\051 v2)
  /sRGBProfile (sRGB IEC61966-2.1)
  /CannotEmbedFontPolicy /Warning
  /CompatibilityLevel 1.4
  /CompressObjects /Tags
  /CompressPages true
  /ConvertImagesToIndexed true
  /PassThroughJPEGImages true
  /CreateJobTicket false
  /DefaultRenderingIntent /Default
  /DetectBlends true
  /DetectCurves 0.1000
  /ColorConversionStrategy /sRGB
  /DoThumbnails false
  /EmbedAllFonts true
  /EmbedOpenType false
  /ParseICCProfilesInComments true
  /EmbedJobOptions true
  /DSCReportingLevel 0
  /EmitDSCWarnings false
  /EndPage -1
  /ImageMemory 1048576
  /LockDistillerParams false
  /MaxSubsetPct 100
  /Optimize false
  /OPM 1
  /ParseDSCComments true
  /ParseDSCCommentsForDocInfo true
  /PreserveCopyPage true
  /PreserveDICMYKValues true
  /PreserveEPSInfo false
  /PreserveFlatness true
  /PreserveHalftoneInfo false
  /PreserveOPIComments false
  /PreserveOverprintSettings true
  /StartPage 1
  /SubsetFonts true
  /TransferFunctionInfo /Apply
  /UCRandBGInfo /Remove
  /UsePrologue false
  /ColorSettingsFile ()
  /AlwaysEmbed [ true
  ]
  /NeverEmbed [ true
    /Arial-Black
    /Arial-BlackItalic
    /Arial-BoldItalicMT
    /Arial-BoldMT
    /Arial-ItalicMT
    /ArialMT
    /ArialNarrow
    /ArialNarrow-Bold
    /ArialNarrow-BoldItalic
    /ArialNarrow-Italic
    /ArialUnicodeMS
    /CenturyGothic
    /CenturyGothic-Bold
    /CenturyGothic-BoldItalic
    /CenturyGothic-Italic
    /CourierNewPS-BoldItalicMT
    /CourierNewPS-BoldMT
    /CourierNewPS-ItalicMT
    /CourierNewPSMT
    /Georgia
    /Georgia-Bold
    /Georgia-BoldItalic
    /Georgia-Italic
    /Impact
    /LucidaConsole
    /Tahoma
    /Tahoma-Bold
    /TimesNewRomanMT-ExtraBold
    /TimesNewRomanPS-BoldItalicMT
    /TimesNewRomanPS-BoldMT
    /TimesNewRomanPS-ItalicMT
    /TimesNewRomanPSMT
    /Trebuchet-BoldItalic
    /TrebuchetMS
    /TrebuchetMS-Bold
    /TrebuchetMS-Italic
    /Verdana
    /Verdana-Bold
    /Verdana-BoldItalic
    /Verdana-Italic
  ]
  /AntiAliasColorImages false
  /CropColorImages true
  /ColorImageMinResolution 150
  /ColorImageMinResolutionPolicy /OK
  /DownsampleColorImages true
  /ColorImageDownsampleType /Bicubic
  /ColorImageResolution 150
  /ColorImageDepth -1
  /ColorImageMinDownsampleDepth 1
  /ColorImageDownsampleThreshold 1.50000
  /EncodeColorImages true
  /ColorImageFilter /DCTEncode
  /AutoFilterColorImages true
  /ColorImageAutoFilterStrategy /JPEG
  /ColorACSImageDict <<
    /QFactor 0.76
    /HSamples [2 1 1 2] /VSamples [2 1 1 2]
  >>
  /ColorImageDict <<
    /QFactor 0.76
    /HSamples [2 1 1 2] /VSamples [2 1 1 2]
  >>
  /JPEG2000ColorACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /JPEG2000ColorImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /AntiAliasGrayImages false
  /CropGrayImages true
  /GrayImageMinResolution 150
  /GrayImageMinResolutionPolicy /OK
  /DownsampleGrayImages true
  /GrayImageDownsampleType /Bicubic
  /GrayImageResolution 150
  /GrayImageDepth -1
  /GrayImageMinDownsampleDepth 2
  /GrayImageDownsampleThreshold 1.50000
  /EncodeGrayImages true
  /GrayImageFilter /DCTEncode
  /AutoFilterGrayImages true
  /GrayImageAutoFilterStrategy /JPEG
  /GrayACSImageDict <<
    /QFactor 0.76
    /HSamples [2 1 1 2] /VSamples [2 1 1 2]
  >>
  /GrayImageDict <<
    /QFactor 0.76
    /HSamples [2 1 1 2] /VSamples [2 1 1 2]
  >>
  /JPEG2000GrayACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /JPEG2000GrayImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /AntiAliasMonoImages false
  /CropMonoImages true
  /MonoImageMinResolution 1200
  /MonoImageMinResolutionPolicy /OK
  /DownsampleMonoImages true
  /MonoImageDownsampleType /Bicubic
  /MonoImageResolution 1200
  /MonoImageDepth -1
  /MonoImageDownsampleThreshold 1.50000
  /EncodeMonoImages true
  /MonoImageFilter /CCITTFaxEncode
  /MonoImageDict <<
    /K -1
  >>
  /AllowPSXObjects true
  /CheckCompliance [
    /None
  ]
  /PDFX1aCheck false
  /PDFX3Check false
  /PDFXCompliantPDFOnly false
  /PDFXNoTrimBoxError true
  /PDFXTrimBoxToMediaBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXSetBleedBoxToMediaBox true
  /PDFXBleedBoxToTrimBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXOutputIntentProfile (None)
  /PDFXOutputConditionIdentifier ()
  /PDFXOutputCondition ()
  /PDFXRegistryName ()
  /PDFXTrapped /False

  /CreateJDFFile false
  /Description <<
    /CHS <FEFF4f7f75288fd94e9b8bbe5b9a521b5efa7684002000410064006f006200650020005000440046002065876863900275284e8e55464e1a65876863768467e5770b548c62535370300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c676562535f00521b5efa768400200050004400460020658768633002>
    /CHT <FEFF4f7f752890194e9b8a2d7f6e5efa7acb7684002000410064006f006200650020005000440046002065874ef69069752865bc666e901a554652d965874ef6768467e5770b548c52175370300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c4f86958b555f5df25efa7acb76840020005000440046002065874ef63002>
    /DAN <>
    /ESP <>
    /FRA <>
    /ITA (Utilizzare queste impostazioni per creare documenti Adobe PDF adatti per visualizzare e stampare documenti aziendali in modo affidabile. I documenti PDF creati possono essere aperti con Acrobat e Adobe Reader 5.0 e versioni successive.)
    /JPN <>
    /KOR <FEFFc7740020c124c815c7440020c0acc6a9d558c5ec0020be44c988b2c8c2a40020bb38c11cb97c0020c548c815c801c73cb85c0020bcf4ace00020c778c1c4d558b2940020b3700020ac00c7a50020c801d569d55c002000410064006f0062006500200050004400460020bb38c11cb97c0020c791c131d569b2c8b2e4002e0020c774b807ac8c0020c791c131b41c00200050004400460020bb38c11cb2940020004100630072006f0062006100740020bc0f002000410064006f00620065002000520065006100640065007200200035002e00300020c774c0c1c5d0c11c0020c5f40020c2180020c788c2b5b2c8b2e4002e>
    /NLD (Gebruik deze instellingen om Adobe PDF-documenten te maken waarmee zakelijke documenten betrouwbaar kunnen worden weergegeven en afgedrukt. De gemaakte PDF-documenten kunnen worden geopend met Acrobat en Adobe Reader 5.0 en hoger.)
    /NOR <>
    /PTB <>
    /SUO <>
    /SVE <>
    /ENU (Use these settings to create Adobe PDF documents suitable for reliable viewing and printing of business documents.  Created PDF documents can be opened with Acrobat and Adobe Reader 5.0 and later.)
    /DEU <>
  >>
>> setdistillerparams
<<
  /HWResolution [600 600]
  /PageSize [612.000 792.000]
>> setpagedevice


